Introduction
For a measure space (Í2, E, fi) denote by 5 = S(f2, E, /x) the linear space of all /x-integrable step functions x : Q h-> R, and by S + = S + (Í2, E, ¡J) the set of all nonnegative x G S(f2, E, fi). It is easy to see that for an arbitrary bijection (f>: (0, +oo) (0, +oo) the functional p^ : S (0, +oo) given by where f2(z) := {U £ (2 : X(UJ) ± 0}, is well defined (cf. [3] , [4] ). Note that for <j>(t) := <j)(l)t p , t > 0, where p G R \ {0} is arbitrary and fixed, we have In [4] the following converse of the Holder inequality has been proved. Suppose that (ii,E,n)
is a measure space with two sets A, B G E such that 0 < fi(A) < 1 < n(B) < oo. If (f>, : (0,oo) -» (0,oo) are bisections such that then <j> and ip are conjugate power functions. It is well known that the equality condition in the Holder inequality occurs if, and only if, the functions x and y are positively proportional.
In the present paper we show that, under some weak assumptions, if the inequality (*) changes into equality for positively proportional functions, then the bijections (f> and tp must be conjugate power functions. Let us mention here that in a recent paper [6] we have shown that the equality in the Minkowski inequality yields a characterization of the L p -norm. Proof. Take an arbitrary set A e U such that 0 < n(A) < oo, and put a := fJ,(A). Applying (1) It follows that for every a € M(l7) there exists a c(a) > 0 such that
or, equivalently, we obtain, for all u, v, t > 0, Proof. According to the first part of Theorem 1, the functions <f>/ <t >{ 1) and ip/tp( 1) are multiplicative, and so are their inverses (5) (0,oo) Bt*-* </> -1 (</>(l)i), (Q,oo)3t^ip~1{ip{l)t).
Relation (2) in the proof of Theorem 1 gives W x (t) = s,t>0, a 6 M(S).
Hence, by the multiplicativity of the functions (5) we get
Since the function t i -> and the identity function are multiplicative and they coincide on the nonempty interior of the set they must coincide everywhere, i.e.
= t> o.
Thus, according to the definition, the functions (j) and -0 are multiplicatively conjugate. The remaining part of the proof is obvious.
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